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that the essential character of a continuous series is that
between any two members of it a third can always be found.
This is an analysis beautifully clear and definite; but unfortunately,
it breaks down under the first test. For according
to this, the entire series of rational fractions arranged
in the order of their magnitude, would be an infinite
series, although the rational fractions are numerable, while
the points of a line are innumerable. Nay, worse yet, if
from that series of fractions any two with all that lie between
them be excised, and any number of such finite gaps
be made, Kant's definition is still true of the series, though
it has lost all appearance of continuity.

Cantor defines a continuous series as one which is concatenated
and perfect. By a concatenated series, he means
such a one that if any two points are given in it, and any
finite distance, however small, it is possible to proceed from
the first point to the second through a succession of points
of the series each at a distance from the preceding one less
than the given distance. This is true of the series of rational
fractions ranged in the order of their magnitude.
By a perfect series, he means one which contains every
point such that there is no distance so small that this point
has not an infinity of points of the series within that distance
of it. This is true of the series of numbers between
0 and 1 capable of being expressed by decimals in which
only the digits 0 and 1 occur.

It must be granted that Cantor's definition includes every
series that is continuous; nor can it be objected that it
includes any important or indubitable case of a series not
continuous. Nevertheless, it has some serious defects. In
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